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assume that Lobachevski also undertook his investigations in the hope of becoming involved in contradictions by the rejection of the Euclidean axiom. But after he found himself mistaken in this expectation, he had the intellectual courage to draw all the consequences from this fact. Lobachevski gives his conclusions in synthetic form. But we can fairly well imagine the general analyzing considerations that paved the way for the construction of his geometry.
From a point lying outside a straight line g (Fig. 23) a perpendicular p is dropped and through the
Fig. 23.
same point in the plane pg a straight line h is drawn, making with the perpendicular an acute angle s. Making tentatively the assumption that g and h do not meet but that on the slightest diminution of the angle £ they would meet, we are at once forced by the homogeneity of space to the conclusion that a second line k having the same angle s similarly deports itself on the other side of the perpendicular. Hence all non-intersecting lines drawn through the same point are situate between h and k. The latter form the boundaries between the intersecting andfrom it only in the form of its developments. According to the originals which have been made almost completely accessible to us in the beautiful editions of Engel and Staeckel,1 it is permissible to
